
���������
	����������������������������� ��!#"
 ���$��%���&�'�	(�����*),+.-/� 0��/��!�"1��0�!#-2��34-�5�67�98;:<'�	�=?>@���A6B67�

C#D�EGFHD�I
Λ J D JLKNMPOHQ D�EGD K*RTSUQWV4SUM�XZY IT[@D/\ RTSUQWV4SUM^]`_aK*V�Y IT[bDPI i ∈ Λ

D K D Jc_ I Ai

DPEHF RTSUQWV4SUMGd�e�M Ai RfSUQWV�SHM�gGh[ YWijh D JAKjM�gHicMPSUJcS
X

i∈Λ

Ai :=

{

f : Λ →
⋃

i∈Λ

Ai | f(i) ∈ Ai

}

,

D Q D V D YkS?lUmonqpqrtsquNv�wxp^uymfzL{H|a|Unq}�~T� D h�d���Z�b�T�Z�@�a�U�a�@�P���b�k�Z���2����� S D�EGF YWh Ai K D V�SUM��@i D KjRTSUQWV4SUMH�@SUh�hHgHi X
i∈Λ

Ai 6= ∅ d
�`�f�^�#�c�����2������CkDPEHFHDPI

A 6= ∅ RfSUQWV�SHMH�HiLSq�xJcS ≤ DPEHF ic_PKjM�  D�I i DPIT[bD MP_PKjYbi D QW¡G¢/YW£Td � S¤J D Q � D Kj�@Q��¥R@g EGF V¦Y IT[bDPI
a1, a2, · · · ∈ A � a1 ≤ a2 ≤ . . . rtpU~�§ D K D Jc_ I©¨ S I gGQ F S I a ∈ A ��SHV D Q F V¦Y IT[bDPI i ª«i D ai ≤ a XZV¦Y IT[bDPI QW¡ I ¢ I SUh¨ S I9¬D QWKjO�hHgHicQ®¡qJ��NSG]y�@SUh�hHgHi ¨ S I A ª« TS I V�S \ YtV4¡UQWY®K D Q D V¯d
° d²±*YtMPg I�F¥³ JLKN´@h?  D �@R@g EHF SHM�SUQ®¡U @ @Yk¡HQtQ ³ Jc¡HK�hHµ ¨HD Jch D M�YWh?S9¶�gHi I ª·Q D V¦V4¡H f£GQ �X ��¸��q�b�P�b¹4��ºk��c���¥�2�»� ]¤¼ D JLKjM�OHQ D�EGD K (A,≤) ij_aKNMP  DPI i D�IT[bD M D JjJ�RTSHQtV4SUM I SUh ¨ S I V4S \ YWV4¡UQWYWK�i D�IT[@D M D JNJic_PKjM�RTSHQtV4SUMaS@d½xE SHM¾SUM¯Y®KP�¿R@g EGF SÁÀ�´@iLSqJcg^ÂAKjh�YÃª·Q D V¦V4¡U �£HQ*hHµ ¨HD Jch D MPYth2S2¶�gHi I ª·Q D V¦V4ST�1_�i [bD V D K�SÁ @YtMPg I�F¥³ Jc¡GKNg IÄD�EGFh�YW¢PKNYtJ E g IT[ gHQWhHg [bI Y«dÅ d• ±*YWM�g I¥F�³ JLKN´Th?  D �@R@g EGF SHM�SUQ®¡U @ @Y#¡UQWQ ³ Jc¡GK D h ¨ Y ¨ SHQ DPI K�S?¶�gGi I ª·Q D V�V4¡ ¨ SUQ �XZÆ ���ZÇqÈ��ÁÉ(�Z���G�PÊ Æ ¸�º��GË��L�Z�����»� ] CkD�EGFHD�I A RfSUQWV�SHMH� Φ SUM A

¨ _ EHD K²ij_aKNMPRTSUQWV4SUMPSHY I _�ijJ D QtV D M D JjJAJj´@Q®Sq�xª[ g I Kj¡ E � B ⊆ A ��SHV D Q F V¦Y IT[bDPI2¨ _ EGD K�ic_PKjM�RTSHQtV4SHMPS Φ Jj´TQWSq� [ g I Kj¡ EHÌ d¾Í1h�hHgHi ¨ S I A ª I SUh;V4S \ YWV�¡HQtY®KgHQ F S I M ic_PKjM�RTSHQtV4SHMPS@�bSUV D Q F JLSUijJcSUQWV4SUMPMPS B ª�JA_PK²V�Y IT[bDPI¾¨ _ EGD K�ij_PKjM�RfSUQWV�SHMPS Φ Jc´@QWSq� [ g I Kc¡ EHÌ dXZe�M D QWOHMPO ¬D Q®S [ SUJ I@D VÎ @YWM�g I¥F�³ JcgUJjJ²ic_PKjM�_/J²Y®K ¬D QtRTSGKNM I ¡UQWRTSUJZ�Ï´@h�dÐ]Ñ d ½xE SHM�gGQ �Ï´@h���R@g EGF S�¶�gHi I ª·Q D V¦V4¡H �£HQ�hHµ ¨HD Jch D MPYth©S
h�Y ¨ ¡UQ®SHKjM/Jc¡GKNY�S \ YW£HV4S@d9X�e ¬ gHi [b³ JjgHJNJ�YWiL¡ I¥F Y®K¤Y E SHMH� [bDSUM ITD R D M D  @ #d ]XZÒAJjV�´bJLSqJL¡HK ��Ó�D�ÔTI Y®¡UQ �Ï´@h�SAhHµ ¨HD Jjh D MPO A ic_PKjM�  D�I i D�If[bD M D JNJ�RfSUQWV�SHM/J � V¦Y IT[bDPI Λ′ ⊆ Λ ª·iLS²_PK f ∈ X
i∈Λ′

Ai ª
i D Q D�EHFHDPI SUM

(

f, X
i∈Λ′

Ai

) Õ
¡HiASUM A D Q D V D d`e,i DPIT[bD MP_PK �

(

f1, X
i∈Λ1

Ai

)

≤

(

f2, X
i∈Λ2

Ai

)

�TRTS Λ1 ⊆ Λ2

_PK f2 SHM f1 h�YtJ D iZ� D KNM�Jj_PK D Λ2 ª«i D dÐ]
e$Jjg ¨ ¡H @ @Y®SUh� TS I9¬D QtJj_�J D Q D MPM��@h��@RTg EHF Y E SHM�S¦h�Y ¨ ¡UQ®SHKjM/JL¡HKNY�S \ YW£HV4S@dÖ d•

CkDPEHFHD�I
(A,≤) ij_aKNMP  D�I i D�IT[bD M D JNJ`RTSHQtV4SHMH�G_aK B ⊆ A d�eAM�J¿V�g IT[ �Ï´@h��¥R@g EHF B ¬ � EHEGD JjQ D�I ic_PKjM�RTSHQtV4SHMH�HRTSK D V D Q F Yth4hH_/J D Q D V D I@D V×µGKcKjM D RfSHKjg I Q ³ JjRfSqJj£fd(Ø�´bJcSGKjKj´@h�V DPE ��R@g EGF V¦Y IT[bDPI ij_aKNMP  D�I i D�IT[bD M D JNJ*RTSUQWV4SUM/ªI SHh ¨ S I V4S \ YWV4¡UQWYWK ¬ � EGEHD JcQ DPI ij_aKNMPRTSUQWV4SUMaS@dÙ d• Í EHF SHQ EGD  @iLSUY�KNJjic´@h¥J Ì iLS ρ hHg I@E ic´ DPI ¢/Y®¡q�NS�V4S \ YWV4¡UQWYWKP�¥RTS ρ

I@D VÎS ι ´ I Y ¨HD icMP¡HQtY®K¿i D QW¡G¢/YW£�_PK�SUV D�I@I�F Yt  DPID�EGF
η hHg I@E ic´ D�I ¢�YW¡HicS ρ ⊆ η ( ι �TSUh�hHgHi� @YtM�Jjg¥KjS I ρ = η d¼ D�EGF �Th ¬D Q«�(R@g EHF A SUQ EHD  @icS¯gHQ F S I ��R@g EHF;¨ SUQ®SUV D Q F a, b ∈ A

D Q D V D h�i D RTS ρ SUM A hHg ITE ic´ D�I ¢�YW¡q�NS¯_PK
(a, b) ∈ ρ �TSHh�hHgHi ρ = ι d XZÚ(_PQ [ ¡H´@QkJ D JcKjM�OGQ DPEHD K DPEHF Kj_ EHD Q D V D K EGF¥Û i Û   DPI 0 � 1 YWQ FHDPI¾D Q D V D h�dÐ] C ¡HKcKj´@h?  D �R@g EHF A V¦Y IT[bDPI¾¨ SUQW£ [ Y�hHg I@E ic´ D�I ¢�YW¡q�NS�ic_PKjM D A

D�EHF V4S \ YWV4¡UQWY®K*hHg I@E ic´ D�I ¢�YW¡q�N¡ I SUh�dÜ d²Ø�´bJLSHKcKN´Th¦V D�E �¥R@g EGF J D JcKjM�OHQ D�EGD K ¨HD h¥JjgGiNJc_�ic  D�I Qt_�J D M�YWh� T¡UMPYWKPd�XZ±�¡HM�Y®K D�EGF QtY I@D ¡UicYWKcS I�¬ � EGEHD JcQ DPI?EHDPI@D iL¡qªJjgGiji D�If[ KNM D iad ]


